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$[a_{0}; a_{1}, \ldots, a_{n},\overline{Q_{1}(k),\ldots,Q_{p}(k)}]_{k=1}^{\infty}$
$=[a_{0}; a_{1}, \ldots, a_{n}, Q_{1}(1), \ldots, Q_{p}(1), Q_{1}(2), \ldots, Q_{p}(2), Q_{1}(3), \ldots]$
. $a_{0}$ , $a_{1}$ , . . . , $a_{n}$ ,
$Q_{1},$
$\ldots,$
$Q_{p}$ , $k=1,2,$ $\ldots$ , –
.
Tasoev ([8], [10]) , Qj( $k$
. [2] , Tasoev $[0;a^{k},=, a^{k}]_{k=1}^{\infty}$
$m$
, [3] . ,
$[0; \overline{ua^{k}}]_{k=1}^{\infty}=\frac{\sum_{n=0}^{\infty}u^{-2n-1}a^{-(n+1)^{2}}\prod_{i=1}^{n}(a^{2i}-1)^{-1}}{\sum_{7\iota=0}^{\infty}u^{-2n}a^{-n^{2}}\prod_{i=1}^{n}(a^{2i}-1)^{-1}}$ ,
$[0$ ;ua–l, $\overline{1,ua^{k+1}-2}]_{k=1}^{\infty}=\frac{\sum_{n=0}^{\infty}(-1)^{n}u^{-2n-1}a^{-(7l+1)^{2}}\prod_{i=1}^{n}(a^{2i}-1)^{-1}}{\sum_{n=0}^{\infty}(-1)^{n}u^{-2n}a^{-n^{2}}\prod_{i=1}^{n}(a^{2i}-1)^{-1}}$ ,
$[0; \overline{ua^{k},va^{k}}]_{k=1}^{\infty}=\frac{\sum_{n=0}^{\infty}u^{-n-1}v^{-n}a^{-(\mathrm{n}+1)(n+2)/2}\prod_{i=1}^{n}(a^{i}-1)^{-1}}{\sum_{n=0}^{\infty}u^{-n}v^{-n}a^{-n(n+1)/2}\prod_{i=1}^{n}(a^{i}-1)^{-1}}$,
$[0$ ;ua–l, 1, va–2, $\overline{1,ua^{k+1}-2,1.va^{k+1}-\prime 2}]_{k=1}^{\infty}$
$= \frac{\sum_{n=0}^{\infty}(-1)^{n}u^{-n-1}v^{-n}a^{-(n+1)(n+2)/2}\prod_{i=1}^{n}(a^{i}-1)^{-1}}{\sum_{n=0}^{\infty}(-1)^{n}u^{-n}v^{-n}a^{-n(n+1)/2}\prod_{i=1}^{n}(a^{i}-1)^{-1}}$
.
[4] , 3 Tasoev . ,
$[0; \overline{ua^{2k-1}-1,1,va^{2k}-1}]_{k=1}^{\infty}=\frac{\sum_{n=0}^{\infty}\uparrow\iota^{-n-1}v^{-n}a^{-(n+1)^{2}}\prod_{i=1}^{n}(a^{2i}(1)^{i})^{-1}}{\sum_{n=0}^{\infty}(-1)^{n}u^{-n}v^{-n}a^{-n^{2}}’\prod_{i=1}^{n}(a^{2i}(1)^{i})^{-1}}==$ ,
(C)(2) 15540021 .
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$[0; \overline{ua^{k}-1,1,va^{k}-1}]_{k=1}^{\infty}=\frac{\sum_{n=0^{u^{-n-1}v^{-n}a^{-(n+1)(n+2)/2}\prod_{i=1}^{n}(a^{i}-(-1)^{i})^{-1}}}^{\infty}}{\sum_{n=0}^{\infty}(-1)^{n}u^{-n}v^{-n}a^{-n(n+1)/2}\prod_{i=1}^{n}(a^{i}-(-1)^{i})^{-1}}$
.





. e Hurwitz .
Hurwitz . $-$
Hurwitz , Tasoev [10] . $\alpha=$
$[a_{\mathit{0};}a_{1}, \ldots , a_{s},\overline{\mathrm{c}_{1}+kd_{1},\ldots,c_{m}+kd_{m}}]_{k=1}^{\infty}$ , $a_{0}$ ,
. $\Omega(>0)$ $0$ $d_{i}$ , $d= \max_{1\leq i\leq m}d_{i}$
. , $C=\Omega/d$ $\epsilon>0$
$| \alpha-\frac{p}{q}|<(C+\epsilon)\frac{\log\log q}{q^{2}\log q}$
$p$ , $\oint$ , - p, $q(\geq q_{0})$
$| \alpha-\frac{p}{q}|>(C-\epsilon)\frac{1\mathfrak{c})\mathrm{g}\log q}{q^{2}\log q}$
$q0$ .




$| \alpha-\frac{p}{q}|<(C+\epsilon)q^{-2-\sqrt{2\log a/(m\log q)}}$
$p,$ $q$ ,– p, $q(\geq q_{0})$
$| \alpha-\frac{p}{q}|>(C-\epsilon)q^{-2-\sqrt{2\log a/(m\log q)}}$
$a,$ $m,$ $\epsilon$ $q0$ . [9] ,
, .
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[4] , Tasoev Rogers-Ramanujan
- . , Rogers-Ramanujan
f x. $\text{ },\text{ _{}3}\text{ }$). [7].
, $d$ $a$ . , $(d/b)^{2}>a$ $C=$ $b/d$ ,
Rogers-Ramanujan . $a(\geq 2),$ $b,$ $d$
$\mathrm{g}\mathrm{c}\mathrm{d}(b,\mu d=1$
$C=\sqrt{d}/(ab)$ . , $\epsilon>0$
$|f- \frac{p}{q}|<(C+\epsilon)q^{-2-\sqrt{\log a/\log q}}$
$p,$ $q$ , - p, $q(\geq q_{0})$
$|f( \frac{d}{b},$ $\frac{1}{a})-\frac{p}{q}|>(C-\epsilon)q^{-2-\sqrt{1\mathrm{o}ga/\log q}}$
q0 $=q\mathrm{o}(a, b, d, \epsilon)$ . $f(d/b, 1/a)=[1;\overline{ba^{k}/d,a^{k}}]_{k=1}^{\infty}$
, Rogers-Ramanujan Tasoev – .
$\alpha=[b_{0;}b_{1}, \ldots, b_{\mathit{8}}, \overline{u_{1}a_{1}^{k}+v_{1},\ldots,u_{m}a_{m}^{k}+v_{m}}]_{k=1}^{\infty}$
– Ta8oev . , $b_{0}$ , $b_{1},$ $\ldots$ ,
b , $u_{j}a_{j}^{k}+v_{j}(j=1,2, \ldots, m)$ $k=1,2,$ $\ldots$ , $u_{j}$
– $0$ .
2.
\alpha – , , $u_{j}=0$
$(x=[0;\overline{\tau\iota_{1}c\lambda_{1}^{k}+\cdot \mathrm{t}^{11},\ldots,u_{r}a_{r}^{k}.+v_{r},\mathrm{t}_{\gamma\cdot+1,\ldots\prime}^{1}.\prime l_{r\cdot+\iota]_{h:=1}^{\infty}}’.\cdot.}$
. $u_{j}>0(1\leq j\leq r)$ $r+l=m$ .
1. $A=a_{1}\ldots a_{r},$ $U= \prod_{j=1}^{r}u_{j},$ $V= \prod_{\nu=1}^{l}v_{r+\nu}$ . $\epsilon>0$
,
$| \alpha-\frac{p}{q}|<(1+\epsilon)q^{-2-C^{*}}$
p, $q$ , - p, $q(\geq q\mathrm{o})$
$| \alpha-\frac{p}{q}|>(1-\epsilon)q^{-2-C^{n}}$
aj’ $u_{j}(1\leq j\leq r),$ $v_{j}(1\leq j\leq m)$ , \epsilon q0 ,
$C^{*}= \mathrm{m}\mathrm{a}\mathrm{x}1\leq j\leq r((\log(u_{j}\sqrt{a_{j}})-\frac{\log a_{j}\log(a_{\mathrm{l}}\ldots a_{j-1}UV)}{\log A})\frac{\mathrm{l}}{\log q}+=\log A\log q\sqrt{2}\log a_{j)}$ .
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. (1) $r=m,$ $u_{j}=1,$ $a_{j}=a,$ $v_{j}=0(1\leq j\leq m)$ , 1
Tasoev – .
(2) $r=m=2,$ $u_{1}=b/d,$ $a_{1}=a_{2}=a,$ $v_{1}=v_{2}=0$ , 1 \sim |I
$-$ .





Tasoev . 1 r $=2,$ $l=1,$ $a_{1}=a_{2}=a^{2},$ $u_{1}=u/a,$ $u_{2}=v$ ,
$v_{1}=v_{2}=-1,$ $v_{3}=1$ .
$C=\{$
$\sqrt{\mathrm{t}^{1}}/(ua)$ ( $u\geq v$ )
$\sqrt{u}/(va)$ $(u<v^{\theta)}k\text{ })$
. , $\epsilon>0$
$| \alpha-\frac{p}{q}|<(C+\epsilon)q^{-2-\sqrt{2\log a/\log q}}$
p, $q$ , - p, $q(\geq q_{0})$
$| \alpha-\frac{p}{q}|>(C-\epsilon)q^{-2-\sqrt{2\log a/\log q}}$




Tasoev . 1 $r=1,$ $l=2,$ $a_{1}=a,$ $u_{1}=u,$ $v_{1}=-1$ ,
$v_{2}=1,$ $v_{3}=v-1$ . , $\epsilon>0$
$| \beta-\frac{p}{q}|<(\frac{v-1}{\sqrt{a}}+\epsilon)q^{-2-\sqrt{2\log a/\log q}}$
$p,$ $q$ , - p, $q(\geq qo)$
$| \beta-\frac{p}{q}|>(\frac{v-1}{\sqrt{a}}-\epsilon)q^{-2-\sqrt{2\log a/\log q}}$





TTTasoev . 1 r $=2,$ $l=0,$ $a_{1}=a_{2}=a,$ $u_{1}=u,$ $u_{2}=v$
$\langle$ .
$C=\{$
$\sqrt{v/(ua)}$ (v/u\leq $\sqrt$a )
$\sqrt{u}/v$ ($v/u>\sqrt{a}^{g)}$ & )
. , $\epsilon>0$
$| \gamma-\frac{p}{q}|<(C+\epsilon)q^{-2-\sqrt{\log a/\log q}}$
p, $q$ , - p, $q(\geq q_{0})$
$| \gamma-\frac{p}{q}|>(C-\epsilon)q^{-2-\sqrt{\log a/\log q}}$
$q0=q\mathrm{o}(a, u, v, \epsilon)$ .
$\gamma$ , $[0$;ua–l, 1, va–2, $\overline{11,ua^{k+1}-2,1,va^{k+1}-2}]_{k=1}^{\infty}$
$[0;\overline{ua^{k}-1,1,va^{k}-1}]_{k=1}^{\infty}$ Tasoev , .
3. 1
.
1. $[a_{0};a_{1}, a_{2}, \ldots]$ , $p_{n}/q_{n}=[a_{0};a_{1_{i}}\ldots, a_{n}]$
$(r\iota=0,1, \ldots)$ . $\sum_{\eta=1}^{\infty}$ $(a_{n}a_{n+1})^{-1}<\infty$ , $q_{\tau l}/(a_{1}a_{2}\cdots a_{n})$ n\rightarrow 00 ,
$0$ .
([6], Lemma 1).
$q_{1}=a_{1}$ , $q_{2}=a_{1}a_{2}(1+ \frac{1}{a_{1}a_{2}})$ ,
$q_{3}=a_{1}a_{2}a_{3}(1+ \frac{1}{a_{1}a_{2}})(1+\frac{1}{a_{2}a_{3}}(1+\frac{1}{a_{1}a_{2}})^{-1})$
$=a_{1}a_{2}a_{3}(1+ \frac{1}{a_{1}a_{2}})(1+\frac{t_{2}}{a_{2}a_{3}})$
1/2 $\leq t_{2}<1$ $t_{2}$ .
$q_{n}=a_{1}a_{2} \cdots a_{n}\prod_{j=1}^{n-1}(1+\frac{t_{j}}{a_{j}a_{j+1}})$
170
$\text{ }1/2<t_{j}<1$ $t_{j}(3\leq j\leq n-1)$ , $\sum_{n=1}^{\infty}$ $(a_{n}a_{n+1})^{-1}<\infty$
, $q_{n}/(a_{1}a_{2}\cdots a_{n})$ $narrow\infty$ , $0$ .





$=(k- \frac{1}{2}+\frac{\log(UV)}{\log \mathrm{A}})^{2}\frac{\log A}{2}+O(1)$
,
$k \sim\frac{1}{2}-\frac{\log(UV)}{\log A}+\sqrt{\frac{2\log q_{n}}{\log A}}$
. ,
$\frac{1}{(a_{n+1}+2)q_{n}^{2}}<|\alpha-\frac{p_{n}}{q_{n}}|=\frac{1}{(\alpha_{n+1q_{n}}+q_{n-1})q_{n}}<\frac{1}{a_{n+1}q_{n}^{2}}$
, $\alpha_{n+1}=[a_{n+1;}a_{n+2,}\ldots.]$ . ,
$| \alpha-\frac{p_{r\iota}}{q_{r\iota}}|\sim\frac{1}{u_{1}q_{7l}^{k\log o_{1}/\log q,\tau}q_{n}^{2}}$




$= \frac{k(k^{\wedge}-1)}{2}\log A+(k-1)\log(UV)+k\log a_{1}+\log u_{1}+O(1)$
$=(k- \frac{1}{2}+\frac{\log(a_{1}UV)}{\log A})^{2}\frac{\log A}{2}+O(1)$
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,$k \sim\frac{1}{2}-\frac{\log(a_{1}UV)}{\log A}+\sqrt{\frac{2\log q_{n}}{\log A}}$
. ,
. , $n=(k-1)m+(j-1)(j=1,2, \ldots, r)$ ,
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